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Isometric immersions of manifolds into Euclidean space always exist by the Nash
Embedding Theorem, and they have multiple applications throughout geometry. In this
talk, we provide a generalization of such immersions, called virtual immersions, in which
extrinsic geometry still works as usual, except the second fundamental form is not
necessarily symmetric anymore. In fact, we show that there are cases of virtual
immersions whose second fundamental form is skew-symmetric. We apply this new tool
to study the relationship between topology and index of minimal hypersurfaces in
compact symmetric spaces (such as projective spaces and Grassmannians).
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